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Let Θ denote the least ordinal such that there is no function onto it which has the real line as domain. Θ is
larger than ω, as the function which assigns to a real number x the absolute value of the greatest integer
below x shows. Recently Steel proved that the Axiom of Determinacy implies: L[R] satisﬁes that an
ordinal number κ < Θ is an uncountable regular cardinal number if and only if it is a measurable cardinal
number. This statement would be vacuously true if L[R] were to satisfy that there are no uncountable
regular cardinals below Θ. The Axiom of Determinacy also implies that L[R] satisﬁes Θ = ℵΘ , i.e., L[R]
“thinks” there are many cardinals below Θ, and L[R] satisﬁes that ℵ1 and ℵ2 are regular uncountable
cardinal numbers.
In this paper the author gives a relative consistency result regarding the behaviour of the coﬁnality
function below Θ; the consistency result is relative to the consistency of the Axiom of Determinacy, and
uses Steel’s result.
In particular, the author shows that if we assume the consistency of the Axiom of Determinacy, and if
we start with ground model L[R], and if A and B are two disjoint subsets of Θ which is a partition of the
set {α < Θ : ℵα regular}, then an inner model N of a generic extension of L[R] can be found such that
N and the ground model have the same cardinals and have the same value of Θ, and in N the coﬁnality
function behaves as follows on ℵα for α < Θ (here, cof denotes coﬁnality in the ground model and cofN
denotes coﬁnality in N):
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α∈A
α ̸∈ A ∪ B and cof(ℵα ) = ℵβ for some β ∈ A
.
α∈B
α ̸∈ A ∪ B and cof(ℵα ) = ℵβ for some β ∈ B.
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