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Let G be a ﬁnitely generated nilpotent pro-ℓ group, {Gk | k ∈ N} its descending central series with
Gk /Gk+1 being a free Zℓ -module of ﬁnite rank k. Denote by m the least integer with Gm = (1). The
author proves Theorem: for ℓ ≥ m and the group Ω of bi-continuous automorphisms of G the short
exact sequence 1 → Kerσ → Ωσ → Aut(G/G2 ) → 1 (with σ being the canonical homomorphism) splits.
He notices also that there exists an automorphism σα ∈ Ω such that xσi α = xα
i (1≤ i ≤ r) for a given
generating set {x1 , ..., xr } of G and α ∈ Z∗ℓ satisfying αj ̸= 1 (1≤ j ≤ m − 2). The author shows that
the centralizer CΩ (σσ ) is independent of α and this subgroup Π = CΩ (σα ) is such that Π ∩ Kerσ = (1)
and Im(σ|Π ) = Aut(G/G2 ). The author notices also that Ω can be viewed as a linear ℓ-adic Lie group
and C(σα ) as its Levi subgroup. Two remarks are added: (1) for m > ℓ the above theorem isn’t true in
general, and (2) there exist hopes to give some application of the theorem to Galois representations.
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