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It is well-known [see M. Rosenblum and J. Rovnyak, “Hardy classes and operator theory” (1997; Zbl
0918.47001)] that given a monic polynomial p(z) =

∑2d
j=0 pjzj with scalar coefficients such that p(s) ≥ 0

for all real s, there exists a unique outer monic polynomial with scalar coefficients q(z) =
∑d

j=0 qjzj such
that q(s)q(s) = p(s), s ∈ R, or equivalently, q∗(z)q(z) = p(z) where q∗(z) = q(z̄). The polynomial q is
given by q(z) = (z−z−

1 )(z−z−
2 ) · · · (z−z−

d ) where z−
j are the zeros of p situated in the lower half-plane and

counted with multiplicity. The polynomial q is called the outer factor of p, and the polynomial q∗ is called
the ∗-outer factor of p. It is well-known [op. cit.] that q and q∗ have certain extremal properties among
all factors of p, i.e., among all polynomials r(z) =

∑d
j=0 rjzj with rj ∈ Cl (without loss of generality, one

can assume that l ≤ d + 1) such that r(s)r(s) = p(s), s ∈ R; for instance, r(z)∗r(z) ≤ |q(z)|2 for z in the
upper half-plane.
In the paper under review, the author proves the following extremal property of q which seems to have
been unknown before: if r is a factor of p, then for each m with 1 ≤ m ≤ d − 1 one has r∗

mrm ≤ |qm|2;
moreover, if r is a scalar factor and equality holds for some m, then r is either q or q∗.
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