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∼Γ∼
Let N = H3 /Γ be a complete hyperbolic 3-manifold with a free fundamental group π1 (N ) =
= ⟨A, B⟩,
such that the commutator [A, B] is parabolic. The limit set Λ of N is the locus of chaotic dynamics for
2
the action of π1 (N ) on S∞
= ∂H3 . The author shows that the topological dynamical system (Λ, π1 (N ))
is always a quotient of the standard action of a surface group on a circle. Let Σ be a compact surface of
genus one with a single boundary component. Its interior Σ0 can be endowed with a complete hyperbolic
1
e0 ∼
metric of ﬁnite volume, providing a natural action of π1 (Σ) on the circle S∞
= ∂Σ
= ∂H. There is a
homotopy equivalence or marking f : Σ → N, sending ∂Σ to a cusp of N. Let H(Σ) denote the set of all
such marked hyperbolic 3-manifolds.
Some results are the following theorem and corollary: Theorem 1.1. For any N ∈ H(Σ) there is a natural,
1
2
continuous, surjective map F : S∞
→ Λ ⊂ S∞
, respecting the action of π1 (Σ). Corollary 1.2. The limit
set of any N ∈ H(Σ) is locally connected. Conjecture 1.3. For any hyperbolic 3-manifold N with ﬁnitely
2
generated fundamental group, there exists a continuous, π1 (N )-equivariant map F : ∂π 1 (N ) → Λ ⊂ S∞
.
Theorem 1.1 is a special case of this conjecture.
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